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L F: Qv���W Rokhlin s��pd�rxZUliW α- TRf��Va�
� Lawson-Michelshon � Hirzebruch �kWa�wa�S�� Stolz WzXe�c�
mXohyWxZUlinb�qflgt�W Riemann Yf�
���� Rokhlin s�p�ZUli��qflg

HE
�	f
�X���e��v��� Riemann �v���RI��f
�dH��

��G��I��fp�d��X —— ��nnW������������v���v�
�Z�	�Msg �ZF [3,4], I�!d� 4k + 1 D����"��	�hMI�Y���P
��#fD��I��$�Ms Stolz[4] ��dZFH%&� Rokhlin W�uA� [5].

1 Stolz '()
I��N�� Stolz $�� Gromov-Lawson ���I�Y!�I�d���D��Y�

��

*+ 1[4] � M f
 8k + 2 D (k ≥ 1) ��,�t� Spin �X�� M ��eq��
v��� Riemann �v��d�X � α-  !vCz�

"q�!Q� α-  !v-."� Atiyah-Milnor-Singer mod 2 ## !v [3]. Atiyah H
Singer � mod 2 -$"q [3] ��x% !v�&K&$�' α-  !vv��v���v�
�Z/W�CL�p Hitchin[3] �Naa��

2 Rokhlin 0J12G3 α- 456'78
I�%d��� Rokhlin A��&'((XM α-  !v�S))Cl*�
� K f
 Spinc- �X�I�V" K �,��*eqD� 8k + 4. +d"j�� K �

�f
�R, ξ &- c1(ξ) ≡ w2(TK)(mod 2). � B  K �f
 8k + 2 D"T�9�X�+
:�X [B] ∈ H8k+2(K,Z)  c1(ξ) ∈ H2(K,Z) � Poincaré �,� B ��Z�O���

-I�e.ic$ B f
 Spin �X�*/ K �� Spinc- ZBr.x B ��f
 Spin Z
B�� [5] ��%&$�xM�� Rokhlin W�uA��
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*+ 2[5] MyA�)s�

α(B) ≡
〈
Â(TK) exp

(c1

2

)
, [K]

〉
(mod 2).

P�= K C (�) 4k +2D (k ≥ 1)��nnW CP 4k+2. �>I�A� d, I�T V 4k+1(d)
C CP 4k+2 �� d 9��������.ic$: d C?�-� K = CP 4k+2, B = V 4k+1(d)
+:"q 2 ���X��-�ps k ≥ 1, p;�RI��@ Z�� B �t���<'eq

Bf� Spin ZB�
M�I��� V 4k+1(d) � α-  !v�S)A��
AC 3 MyA�)s�

α(V 4k+1(d)) =
1

24k+2(4k + 2)!

2k+1∏
i=1

(d2 − (2i − 1)2) (mod 2)

=

{
0, d ≤ 2k + 1,
C4k+2

[ d
2 ]+2k+1

, d ≥ 2k + 3.

NP � c C H2(CP 4k+2) �A)y��@ [1] TCP 4k+2 � Pontrjagin FZppMyA
����

p(TCP 4k+2) = (1 + c2)4k+3.

p"q 2, lh-=

α(V 4k+1(d)) =
〈( c/2

sin h(c/2)

)4k+3

exp
(dc

2

)
, [CP 4k+2]

〉
=

1
2πi

∫
1

24k+2

( 1
sin h(z)

)4k+3

cos h(dz)dz,

J�O�CCsz>�A?O��
@fG���?�� d, I�q

cos h(dz) = cos h(z)

{
1 +

[ d
2 ]∑

i=1

(d2 − 1) · · · (d2 − (2i − 1)2)
(2i)!

· sin h2i(z)

}
.

u
A�*Uoc-=V� 3.
hMI�h"I- α(V 4k+1(d)) Cz�I-Jz�
�N�>IJKA� n, T �L�[iC n = a0(n)+a1(n)2+ · · ·+ak(n)2k + · · ·, ai(n) ∈

{0, 1}, i ≥ 0. ����f
M�ZF[[I� Cn
m+n ?���d�X�%q i ≥ 0 \q

ai(n) + ai(m) ≤ 1.
L=I��RI(X�I�V d C d = 4k + 2l + 3, */V" l ≥ 0.
pV� 3, I�sm-=
AC 4 α(V 4k+1(d)) ≡ 1(mod 2) :/^:�>I i ≥ 0 \q ai(4k + 2) + ai(l) ≤ 1.
V� 4 v"q 1 ZJUoc���
*+ 5 � V 4k+1(4k + 2l + 3) ��eq��v��� Riemann �v��d�X�

f
 i ≥ 0 &- ai(4k + 2) = ai(l) = 1.
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P] 6 ^ d C,��� V 4k+1(d)   Spin �X�p Lawson-Gromov �f
ZF [3],
V 4k+1(d) �^�e��v��� Riemann �v�

P] 7 p"q 5, I� ?�JQ(
 CP 4k+2 �������qe��v��� Rie-
mann �v��-�JQ(
 CP 4k+2 ������� �e��v��� Riemann �v�
%_PU�JlD� ���

P] 8 "q 2 `m�P�wk� [6] ���xrI���x"q 2 �f
##$��ps
Ko{=x|G� K- q�$� [5], %hP�!~�"q 2 �#
mo�
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The Existence of Riemann Metric with Positive Scalar Curvature over Complex Hypersurface

Zhang Weiping
( Nankai Institute of Mathematics, Tianjin 300071, China)

Abstract: In this paper we apply the Rokhlin type congruence of the author to compute
the α-invariant of spin complex hypersurfaces. Combining with a theorem of Stolz, and previous
calculations of Hirzebruch and Lawson-Michelsohn, our result determines whether a spin complex
hypersurface of dimension not less than three would carry a Riemannian metric of the positive
scalar curvature.
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